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Axiom of Choice

Zorn's lemma

Well-ordering principle

"I can be well-ordered
"
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Strategy : · Construct a model (of ZF + -C) which contains
a nice structure of inner models satisfying -C

· I will be a limit of the partial paradoxical sets .
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Recent results

Models of ZF + 1) + 5 P

Models of ZF +DC + <WO(R) +

· Hamel basis [SY]
· Hamel basis +... [B'CSWY]
· Mazurkiewicz set [BS]
· Partition of R in unit circles [F]
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Recipe I

V[x,y] V[2 , y , z

D⑭
↑

VEX]

7

↑ V[X,z]

-
Extendability Amalgamation
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RV(x ,y]

DF--pra n Russ



Algebra

1 heorem (t
.,
Schindler ; -2024)

Let V be a model of ZFL and RV(x ,y]

let S be a finite set of mutually
generie When reals over V .

Consider FDthe minimum field containingR
F

ITI= /Sl - 1 -

over F is

V[S]⑭Then the transcendence degree of R priy]



Summary

Hamel basis

Mazurkiewicz set

Recipes S zF +D( + zWO(R)+Y(0) PUC

ZF +D( + + Ul(w) +4(b) Hamel basis
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